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 ?8
/ 21# &.  f−i(x) .&..  + 2&j m + 1 
   / Im+1 ?2 21 22&(0 L&2 21 I
i
mA
Im+1 = {xiim : i ∈ ω},
 !!
 
     <" 
 FI
 xijm 6/ j8 + &/ L&2 21 I
i
m 
 / I ′ 21 2( 21A
I ′ = {imm : m ∈ ω},
  +2-(j inm ?6/ n8 + &/ L&2 21 Im
B 
6&( 0 6&(

12 & &.  1  20  !E" 
99" 5 *  +  t(x)  !E" $$ $2
	 + kt $$  bt   " x ∈ I +  2
  
f−kt(x)− bt  f−1(|t(x)|)  f−kt(x) + bt.
# 6 kt  bt $ 7	 644 )   t
*
	 
&. ? ?2 +&( t(x) +&1&(2 +8
&1 &/ +&/. 62 t(x)  −t(x) 
1  22# / & x ∈ I#  f(f−k(x)) = f−k+1(x)# +L2 &8
2 +  (   20 !E"  62 21 &j/( !&.
/ ?&(90 x"  /(# / 2 t(x) 2 
t(x) =
∑
i
βif(f−ki(x) + ai).
,2 1 /(# / 2 t  1 +?0 /&   L778
$ βi   &j 
22 sl(x)  +22 t 
sl(x) =
∑
ki=l
βif(f−ki(x) + ai).
  +&/2# /
t(x) =
∑
l
sl(x).
& +&j &  &12 7$# & sl .&..
/ + 2&j !+(  L2 &/ Msl  /j-. "#
& ! !B"" -  ssl  &. &j? x +&
f(f−ki(x) − ssl)  sl(x)  f(f−ki(x) + ssl)
&. +&1&(0 22 sl &
f(f−ki(x)− ssl)  −sl(x)  f(f−ki(x) + ssl)
&. $&(0 
&  22 sl 6j. /2#  2 2 t(x) 1 8
/# / +/ &j &&(# 0. ?  6 22 sl(x) 
=>  
/ ( kt .. 22&(2 6 l# &.  sl(x)  8
/ 
	/.# / 7$. f(x)   2&  L+ !8
 !D""# + l > kt +& f
−l(x)  log f−kt(x) L2# /.  8
 x# ?2 2(∑
l>kt
f(f−l(x)± ssl)±
∑
l
Msl 
1
2
f(f−kt(x) − sskt ) 
1
2
f(f−kt(x) + sskt ).

&. ? /2# / 22 skt(x) +&1&( 
&. $&(0 
? &/   +&/2 $ t(x) 0A
t(x) =
∑
l
sl(x) = skt(x) +
∑
l>kt
sl(x) 
 f(f−kt(x) + sskt ) +
∑
l>kt
f(f−l(x) + ssl) +
∑
l
Ml 
 3
2
f(f−kt(x) + sskt ).
 . 1 $ 6A
t(x)  f(f−kt(x) − sskt )−
∑
l>kt
f(f−l(x) + ssl)−
∑
l
Ml 
 1
2
f(f−kt(x)− sskt ).
 /.# / f   2& L+# +&/2
f−1
(
1
2
f(f−kt(x)− sskt )
)
 f−kt(x) − sskt − c

f−1
(
3
2
f(f−kt(x) + sskt )
)
 f−kt(x) + sskt + c
&.   c   bt = sskt + c 
4 !% 3  t1(x)  t2(x) K  +"   !E" x1, x2 ∈ I
 x1 < x2  t1(x1) < t2(x2) +   x1
*
	
t1(x1)  f(f−1(t1(x1)) + 1) 
 f(f−kt1 (x1) + bt1 + 1)  f(x1 + bt1 + 1) < f(f−kt2 (x2)− bt2) 
 f(f−1(t2(x2)))  t2(x2),
&
x1 + bt1 + 1 + bt2 < f
−kt2 (x2),
/# /# +& &. / ?&(90 x1  x2 6 I 
 !!
 
     <" 
 =<
99" 7 I ′ 
  / K 5 G   LSF   
  $
*
	 ,2 /(# / x¯  +2# +2j- 6/. 6
I ′#  y¯  +6&( +2 +22 !2 lF# <m"# / 1. 72& 
2 LSF L& L6$&( 72&
(∃u¯)ψ(u¯, x¯, y¯), !F"
2$ ψ(u¯, x¯, y¯)  &.j + &2  . 68
&0 !2 l<m" 2#  (  ∑
j
(ajf(ukj + dj) + bjukj )︸ ︷︷ ︸
(∗)
−
∑
i
ti(xi)− r(y¯)  0. !="
k( 2 ti(xi) ? 2(  69 22 &20 f(xi)  xi# 
( 2(  !E"  2 r(y¯) 21 2(   # &.  L  18
 2  +&0 +$ 2  r ?2 +( +$j [v]I′ #
6/j-j ?&(9 L&2 I ′#  +0.- v ) +12#  
#  +&( ( 72&  ?&(90 x¯#  y¯  72&
 !  / 21 I ′ .&.. +/ 6&/22  +" 
 # +22# / 72& .&.. 2 + 8
/ ?&(90 x 
) &2 L   L+ /& 2 &2 # +&/ 72&
 ∑
i
ti(xi)− r(y¯)  0,
 62 +12#  +&(  ( &. / ?&(90 x ∈ I# 
12  2( 
,6 /. ?- 2 212 /(# / u¯  x¯ +./ + ?8
j 
& 2 ti / + 2&j#   21 &j/( 6  
+2-(j + 2  6210 6/  ?K2 +&8
/20 72&  +2- 6Kj$ 
 &(92 ?2 /(# /  2 ti(xi) / &
&j <# 2 212 &. &j? m   Mm j# / & 
xi > Mm# 
m
∣∣∣∣∣∑
i>1
ti(xi)
∣∣∣∣∣ < t1(x1).
6(22 m = 8   &. xi > Mm +&/2
7
8
t1(x1) 
∑
i
ti(xi) 
9
8
t1(x1). !C"

&(9 1. ? 0  6&(2 2 @ 6 l<m 
& &.  uk 2  f(uk + d)  /.  ψ#  L&2$.
 +6.   72 ? 
=D  
+22# / u1 > u2 > · · · > um 6?(2 22 !∗"   /A S(u1)
1  &2  ajf(u1 +dj)# s(u¯)   &( & 22 S(u1)
/ + 2&j#   62.. 2  +&j-2 ?K8
2 +&/0 72&  +2-(j 6Kj$ 
& S(u1) /#  ?2 /(# /  +&1&(   8
-j  sS  s
∗
# /
f(u1 − sS)  S(u1)  f(u1 + sS) !I"
 f(u1 − sS) > 4|s(u¯)| + u1 > u2 + s∗  u2 < u1  u2 + s∗  + u1
&..  1 +  6Kj$  u1 > u2 + s∗ +&/2
|s(u¯)| < 1
4
f(u1 − sS)  14S(u1).

&. x1 621  $A
x1  fkt1 (f−1(8|r(y¯)|) + bt1 + 1),
x1  fkt1
(
f−1
(
1
8
|r(y¯)|
)
− bt1 − 1
)
&
fkt1
(
f−1
(
1
8
|r(y¯)|
)
− bt1 − 1
)
 x1  fkt1 (f−1(8|r(y¯)|) + bt1 + 1).
22 + /   &/. 
<" &(6.( &22 D# +&/2
|t1(x1)|  f(f−1(|t1(x1)|))  f(f−kt1 (x1)− bt1) 
 f(f−1(8|r(y¯)|) + 1)  8|r(y¯)|.
& |t1(x1)|  8|r(y¯)|# # /. !C"#
3
4
t1(x1) 
∑
i
ti(xi) + r(y¯) 
5
4
t1(x1).

u1 + sS + s2 < f−kt1 (x1)− bt1  f−1(t1(x1))
+&/2# +&(6.( !@"  !I"A
S(u1) + s(u¯) 
5
4
S(u1) 
5
4
f(u1 + sS) =
5
8
× 2f(u1 + sS + s2 − s2) 
 5
8
f(u1 + sS + s2) <
5
8
f(f−1(t1(x1))) 
5
6
× 3
4
t1(x1) 
 5
6
(∑
i
ti(xi) + r(y¯)
)
,
 (  !=" &1 
 !!
 
     <" 
 =@
& 1
u1 − sS − s2 > f−kt1 (x1) + bt1 + 1  f−1(t1(x1)) + 1,
&/ +&/2A
S(u1) + s(u¯) 
3
4
S(u1) 
3
4
f(u1 − sS)  34 × 2f(u1 − sS − s2) 
 3
2
f(f−1(t1(x1)) + 1) 
6
5
× 5
4
t1(x1) 
 6
5
(∑
i
ti(xi) + r(y¯)
)
,
 ( !="  

f−kt1 (x1)− bt1 − sS − s2  u1  f−kt1 (x1) + bt1 + sS + s2 + 1
+2j u1 21 62( 22  f
−kt1 (x1)+f  6.( 6Kj$j
+&/20 72& k22 &(# / ( 6j- 2  x1
? 2( ?2  
D" &(6.( &22 D# +&/2
|t1(x1)|  f(f−1(|t1(x1)|) + 1)  f(f−kt1 (x1) + bt1 + 1) 
 f
(
f−1
(
1
8
|r(y¯)|
))
 1
8
|r(y¯)|.
 & 8|t1(x1)|  |r(y¯)|# 
7
8
t1(x1) + r(y¯) 
∑
i
ti(xi) + r(y¯) 
9
8
t1(x1) + r(y¯)

3
4
r(y¯) 
∑
i
ti(xi) + r(y¯) 
5
4
r(y¯).
2. &/ &/j <#  2 f−1(t1(x1)) ?2 f−1(r(y¯)) 
k?(.  12  0 2 6(  ?02 
@" 22
fkt1
(
f−1
(
1
8
|r(y¯)|
)
− bt1 − 1
)
 x1  fkt1 (f−1(8|r(y¯)|) + bt1 + 1).
	/.# / &. / ?&(90 6/ r(y¯) 21 -( 
?&  L&2 I# &.j- L2 # +&/2# /
&? x1 .. 2 6 / 21 6/ !+ 2&0 r(y¯)"#
&? x1 
[fkt1 (f−1(8r(y¯)) + bt1 + 1)]I′ .
k2.. x1  6 6/. 2 6?2.  x1  72& + 8
2 
=B  
 2 ?62# 21 &(   6 72& !F"  6&(
.   ∑
i
ti(xi) + r(y¯)  0
 + &2  Qj(tk(xk))  Qj(r(y¯)) 
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  + I ′ !L &/#
 r(y¯) = const" & +&/. 6 &. <  &22 < 
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 &/. 
+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 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x− f(f−1(x)) = y.
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Yy = {f(z) + y : z ∈ ω, f(z + 1)− f(z) > y}.
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